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A function f(2) = z+ag2?+a3z3+... in class S is called close-to-convex of order
B, B> 0, if there is a convex function ¢ so that f’/¢’ = p” for some function p,
p(0) = 1 and Re(e’p) > 0, for § a real constant. The family of such functions
is denoted by C(8). The author solves a variety of extremal problems for C(5)
and the related classes C,,(8) and Sub C(f3), where C,,(5) is the subclass of
C(B) of functions of the form
f(2) =24 amy1 2™ + a1 22T 4L

with m-fold symmetry and Sub C(f) is the class of functions subordinate to
some function in C(S).

For 8 > 1 it is shown that the extreme points of the closed convex hull of Sub
C(6) have the form

F(2) = lw/(B+1) (@) [(1+a2)/(1-y2) 1 =1], 2| =yl = lw[=1, z#y.

The coefficient problem in C(3) is solved for all 5 > 0. For f € C,,(8), 8 > 0,
it is shown that |f/(2)| < k’'(]z|) and |f(2)| < k(]z]), where k is defined by

K(z) = (1+2™)% /(1 —z™)P/™  k(0) = 0.

The extreme points of the closed convex hull of C,, () are given for 8 > 1. The
next to last section considers integral means, where it is shown that M, (r, f') <
My(r, k') for f € Cp(B), 8 > 0, p € . In the final section it is shown that
f € Cn(B) has a quasiconformal extension when 8 < 1 and m > 4/(1 — 3).
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